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Integrated Nonlinear Hierarchical Control and
Management of Hybrid AC/DC Microgrids

Mojtaba Biglarahmadi, Abbas Ketabi , Member, IEEE, Hamid Reza Baghaee , Member, IEEE,
and Josep M. Guerrero , Fellow, IEEE

Abstract—Increasing the usage of distributed generations (DGs)
leads the microgrids (MGs) to develop. Considering the existence of
alternating current (ac) loads and sources and concerning increas-
ing direct current (dc) loads and sources, hybrid ac/dc MGs have
been used to have the advantages of both ac and dc MGs and reduce
the drawbacks of them. By integrating the DG units in hybrid ac/dc
MGs. Hence, a proper control method is required in such MGs
to achieve precise voltage regulation and power-sharing, desired
power quality, high efficiency, and high reliability. This article
focused on nonlinear exponential control and distributed secondary
control schemes to properly control the MG and form an integrated
nonlinear hierarchical control and management for hybrid ac/dc
MGs. Finally, to evaluate the proposed nonlinear control strategy’s
performance, offline digital time-domain simulation studies are
carried out on a test MG system in MATLAB/Simulink environ-
ment. The results are also compared with previously reported meth-
ods. The simulation results and the comparisons showed that the
proposed methods could properly share the power among subgrids
and DGs in both ac and dc subgrids. In contrast, the proposed
control scheme can prove its effectiveness and superiority over
conventional controllers.

Index Terms—Distributed control, frequency regulation, hybrid
ac/dc microgrid (MG), nonlinear control, power-sharing, voltage
regulation.

NOMENCLATURE
Δfs∗, Vs

∗ Rated frequency and voltage deviations.
P0x, Q0x Rated active power and rated reactive

power.
vo, io, iL Output voltage, output current, and filter

curren.
Rf, Lf, Cf Filter resistance, inductance and capaci-

tance.
Δvmax, imax Maximum voltage derivation and output

current.
Pdc, Pdc

∗ output power, and nominal output power.
vcb∗, vcbmax, vcbmin Nominal, maximum and minimum volt-

age of common bus.
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f∗, fmax, fmin Nominal, the maximum and minimum fre-
quency.

vdc∗, vdcmax, vdcin Nominal, maximum and minimum dc
voltage.

mP, nQ, mp, nq, r Droop coefficients.
evi,, eωi,eV

, eui, ePi Local neighborhood tracking, control in-
put consensus and local neighborhood
tracking error

gi Pinning gain,
ωc Cut-off frequency of low-pass filters.
uvi, uωi Auxilary control signals.
cP, cv,cω Active power, voltage/frequency control

gain.
V∗, ii Nominal dc voltage and dc output current.
Nt Number of neighbors of ith DG.
αi, βi Mixed error coefficients.
vref, fref Reference voltage and frequency.
δf Coordinated control signal.
vdcref

, vdc∗, idc Reference and nominal dc output voltage,
measured output dc current.

I. INTRODUCTION

THE hybrid microgrid (MG) can exploit the prominent
features of both ac and dc MGs. In a hybrid, ac/dc MG,

the power-sharing among distributed generation (DG) units and
precise power-sharing among ac and dc subgrids is required.
Among all strategies reported for ac and dc MGs, nonlinear
control, and distributed secondary control schemes attracted
researchers’ attention [1].

In ac MGs, nonlinear and adaptive droop control strategies
have been used in the secondary [2] and primary control level
[3]–[7], for control of wind power generation unit to partici-
pate in MG frequency control [3], primary voltage/frequency
stabilization [4], [6], enhancing active/reactive power-sharing
[5], [8], harmonic power-sharing [9], [10], and optimizing MG
operation [7]. Nonlinear and adaptive droop control techniques
have also been investigated for dc MGs for decentralized control
[11], distributed control [12], decentralized load sharing [13],
and voltage control and load sharing [14]. Another nonlinear
control strategy based on sliding mode control (SMC) has also
been reported in [15].

Nonlinear control strategies have been used for the control
of interlinking converters (ICs), and hybrid MGs [16]–[19].
In [20], a new control scheme has been introduced based on
a robust nonlinear state feedback control concept for robust
control of a bidirectional interlinking converter (BICs) in a
hybrid ac/dc MGs. In this regard, an adaptive power-sharing
mechanism had been presented for maintaining the low voltage
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dc (LVdc) voltage under control, not only reducing the stress in
the central battery system and its dependence on the utility grid
but also demonstrating the extended operation and improved
transient response in the LVdc when the central battery sys-
tems present bandwidth and power limitations. Robust power
management and nonlinear SMC strategies have been proposed
in [1] and [16], to improve small- and large-signal stability,
enhance power-sharing, and improve the performance of ac and
hybrid ac/dc MGs, respectively, for nonlinear and unbalanced
loads. In [16], besides sliding mode controller for dc/dc con-
verters, two separate controllers have been designed for positive
sequence power control and negative sequence current control
based on the SMC and Lyapunov function theory, respectively,
for the sake of enhancing power-sharing and regulating active
and reactive powers injected by distributed energy resources,
and controlling harmonic and negative-sequence current in the
presence of nonlinear and unbalanced voltage control has also
been introduced in [21] for a hybrid ac/dc MG, which does
not need the remote measurement or communication with a
plug-and-play functionality.

The secondary control level will restore the primary layer’s
fluctuations to regulate islanded MG voltage and frequency
[17]–[19]. Distributed control has been widely discussed in the
literature for the secondary restoration of voltage and frequency
[2], [22], active power-sharing [23], reactive power-sharing
[24], and balancing the state of charge (SoC) of the energy
storage system (ESS) [25]–[29]. Recently, different aspects of
distributed secondary control of MG, such as time-delay [25],
[30], noise-resiliency [28], [31], fault-tolerant control [27], [32],
and finite-time consensus [2], [33], have been addressed in the
literature. In [34], a nonlinear hierarchical scheme has been
presented for an unreliable communication network for jointly-
connected switching topologies, which can greatly improve the
system’s reliability. A robust strategy such as the SMC strategy
has been used in the secondary layer for disturbance rejection
and controlling the SoC of battery ESSs (BESS) considering
parametric uncertainties of MG [35]. Also, different kinds of
the literature have studied distributed secondary control of dc
MGs [28]–[30] for achieving proportional power-sharing and
improve the voltage regulation [36], accurate power allocation
[37], and managing the SoC of ESSs [38], [39].

Different distributed secondary control schemes and nonlin-
ear control techniques have been proposed for ac or dc MGs.
However, few pieces of research have considered these control
techniques in a hybrid ac/dc MG with focusing on power-
sharing among ac and dc subgrids [40], distributed control and
power management [40], [41], and intelligent multiagent system
(MAS) based control [42].

In the previous literature, the issues concerning power quality,
voltage and frequency regulation of ac DGs, precise power-
sharing in ac subgrid, voltage regulation of dc DGs, and load
sharing in the dc subgrid have not been considered simulta-
neously. The main contribution of this article is to present a
nonlinear-based primary control scheme for a test MG system to
regulate the dc and ac voltages and ac frequency of MG, improve
the power quality, and enhance the load sharing. This control
method is compared with conventional droop based primary
controllers. Then, a distributed secondary control is applied to
them for more precise comparison. When the nonlinear method
is exploited for ac and dc DGs, the BICs are also controlled in a
nonlinear manner. The proposed integrated nonlinear hierarchi-
cal control scheme is simulated in MATLAB/Simulink software

Fig. 1. Control of ac DG based on the proposed nonlinear exponential strategy.

environment for a test MG (including ac subgrid with multiple
ac DGs, dc subgrid with multiple dc DGs, bidirectional ac/dc,
and dc/dc converters, which connect the ac and dc subgrids,
and a storage system). Also, its performance is compared with
conventional control strategies.

II. PROPOSED NONLINEAR PRIMARY CONTROL

A. Nonlinear Controlled DGs in AC Subgrid

The conventional droop control method can provide active/
reactive power-sharing among inverter-based DGs. Still, apply-
ing it has some limitations and has some deviations in reactive
power-sharing [6]. On the other hand, the high R/X ratio of
distribution lines affects the droop control not to work correctly.
So, in this section, to overcome the inherent drawbacks of
the conventional droop control method, improve MG stability
margins, and overcome the effects of line impedances on reac-
tive power-sharing, an exponential-based droop control strategy
is proposed for DG units in the ac subgrid as follows (see
Fig. 1):

fx = f0 −Δf ∗
x

(
1− e−

Px
kP0x

)
Vx = V0 −ΔV ∗

x

(
1− e−

Qx
kQ0x

)
(1)

Δf ∗
x = C1

ΔV ∗
x

k Q0x
= C2 (2)

where k, C1, and C2 are the constant values. Differentiating (1),
yields

V̇x = − ΔV ∗
x

k Q0x
e−

Qx
kQ0x . (3)

All DGs should operate in a similar voltage change in the
steady-state. Thus, we have

V̇1 = V̇2 ⇒ − ΔV ∗
1

k Q01
e−

Q1
kQ01 = − ΔV ∗

2

k Q02
e−

Q2
kQ02 . (4)

The following equation should be satisfied to meet precise
reactive power-sharing among DGs:

−Ce−
Q1

kQ01 = −Ce−
Q2

kQ02 ⇒ Q1

Q01
=

Q2

Q02
(5)

where C = ΔV ∗
1 /(k Q01) = ΔV ∗

2 /(k Q02). As observed, the
reactive output power of DG is associated with their rated
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Fig. 2. Control of dc DG based on nonlinear strategy.

reactive power capacities. Moreover, the frequency of DGs is
also is identical in the steady-state too, and we have

f1 = f2 ⇒

f0 −Δf ∗
1

(
1− e−

P1
kP01

)
= f0 −Δf ∗

2

(
1− e−

P2
kP02

)
. (6)

The active output power of DGs should satisfy
P1

P01
=

P2

P02
. (7)

So, the active output power of DGs is associated with their
rated active power capacities, too. Based on the above equations,
the frequency and voltage regulation and accurate power-sharing
can be achieved if their associated variations are located in their
prescribed limitations.

B. Nonlinear Control DGs in DC Subgrid

In this part of the analysis, a nonlinear droop curve is proposed
to control the dc subgrid DGs. In this article, motivated by
[14] and [43], a piecewise quadratic polynomial droop curves
method is proposed to provide current sharing between DGs in
dc subgrid, based on

v = v0 − a i2 − b i (8)

where a and b are the cure coefficients. All DGs should have
identical voltage in steady-state operation. Therefore

v1 = v2 ⇒ a1 i
2
1 + b1 i1 = a2 i

2
2 + b2 i2. (9)

To guarantee accurate current sharing, we should have
i1
i2

=
P1

P2
. (10)

Also, we propose the following elliptic type of voltage com-
pensation criteria:

ΔV = Δvmax −Δvmax

√
1−

(
i

imax

)2

. (11)

Employing the quadratic characteristic improves current shar-
ing accuracy, and voltage compensation can be achieved (see
Fig. 2).

C. Control of ESSs

The ESS (here, BESS) is employed to maintain the common
bus’s voltage and balance the power among ac and dc subgrids.
A BESS is connected to the common bus through a bidirectional
dc/dc converter. In this article, dissimilar to other reported pa-
pers, improved droop control is proposed to control the voltage

Fig. 3. Control of storage system based on improved droop strategy.

Fig. 4. Control of ac/dc BIC based on the proposed nonlinear exponential
strategy.

as follows [44] (see Fig. 3):

vref
2

dc = V ∗2
cb − r(Pdc − P ∗

dc). (12)

As shown in Fig. 3, the control scheme has two inner and
outer loops that the outer one obtains the reference value for the
inner loop. The nominal power is considered zero here.

D. Control of AC/DC Bidirectional Interlink Converter

The ac/dc BIC maintains the voltage support for the ac sub-
grid. In this article, a nonlinear control is exploited similarly
to ac DGs, which has a correction term added to the frequency
term, named as coordinated control as [44]

f = (f0 + δf)−Δf ∗
(
1− e

P0−Px
P0

)
V = V0 −ΔV ∗

(
1− e

Q0−Qx
Q0

)
(13)

where δf is obtained from coordinated control, and used for
appropriate power-sharing among ac and dc subgrids and is
expressed as

δf =

(
kp +

ki
s

)(
vcb − v∗cb

vmax
cb − vmin

cb

− f − f ∗

fmax − fmin

)
. (14)

The control scheme of the ac/dc BIC is illustrated in Fig. 4.
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Fig. 5. Control of dc/dc BIC based on the proposed nonlinear strategy.

Fig. 6. Control of DG in ac subgrid with primary droop control.

E. Control of Bidirectional DC/DC Converter

The control structure of dc/dc BIC is illustrated in Fig. 5.
The converter’s low voltage side is connected to the dc bus, and
the other side is connected to the common bus. The proposed
nonlinear droop control is expressed as follows:

v = (V0 + δv)−
N∑

n=1

kn.i
n (15)

where kn is parameters of nonlinear droop and N = 3. δv is the
result of coordinated control and is defined as follows:

δv =

(
kp +

ki
s

)(
vcb − v∗cb

vmax
cb − vmin

cb

− vdc − v∗dc
vmax
dc − vmin

dc

)
. (16)

III. DISTRIBUTED SECONDARY CONTROL

A. Secondary Control of DGs in AC Subgrid

The hierarchical structure of DGs in the ac subgrid of hybrid
ac/dc MG has two layers. The first layer shares the powers among
DGs, and the second one restores the voltage and frequency
fluctuations caused by the primary controller. The conventional
droop method described by (17) is employed for primary control
(see Fig. 6) [27], [31]

v = Vn − nQQ ω = ωn −mPP. (17)

The communication network is modeled by a graph that DGs
are considered as its nodes, and the communication links are its
edges. The considered graph is expressed as G = (ν, ε,A) the
set of nodes, ν the set of edges, and ε the adjacency matrix (in
this article, A is considered time-invariant, so it is constant). aij
is the weight of edge (vi, vj), and if (vi, vj) ∈ ε, then aij = 1,

Fig. 7. Secondary voltage control of DGs in ac subgrid.

Fig. 8. Secondary frequency control of DGs in ac subgrid.

otherwise aij = 0. The primary strategy for ith is expressed in
the synchronous reference frame (dq coordinate) as

v∗odi
= Vni

− nQi
Qi v∗oqi = 0 (18)

where Vni
is selected in such a way that Voi → vref , i.e., the

magnitude of voltage approaches to its reference value. By
differentiating (1) and input-output feedback linearization, we
have

v̇odi
= V̇ni

− nQi
Q̇i ≡ uvi

(19)
where uvi

is the auxiliary control. Based on (19), the secondary
voltage control is converted to the tracking synchronization
problem for a first-order and linear MAS as⎧⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

v̇od1
= uv1

v̇od2
= uv2

.

.

.
v̇odN

= uvN
.

(20)

These auxiliary controls are chosen based on the information
of the DG and its neighbors as follows:

uvi
= −cvevi

(21)

evi
=

∑
j∈Ni

aij(vodi
− vodj

) + gi(vodi
− vref) (22)

where gi is mainly the weight of the edge that connects the ith
DG to the reference DG [22]. Finally, the control input is given
by

Vni
=

∫
(uvi

+ nQi
Q̇i) dt (23)

and Q̇iis described as

Q̇i = −ωcQi + ωc(voqiiodi
− vodi

ioqi) ≡ Mi(xi). (24)
The schematics of the distributed secondary voltage and

controllers of DGs in the ac subgrid are illustrated in Figs. 7
and 8, respectively. By differentiating from frequency droop
characteristic, we have

ω̇i = ω̇ni
−mPi

Ṗi ≡ uωi
. (25)
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Similarly, based on (25), we can convert the secondary voltage
control problem to the tracking synchronization problem for a
first-order and linear MAS and obtain⎧⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

ω̇1 = uω1

ω̇2 = uω2

.

.

.
ω̇N = uωN

(26)

uωi
= −cωeωi

(27)

eωi
=

∑
j∈Ni

aij(ωi − ωj) + gi(ωi − ωref ) (28)

ωni
=

∫
(uωi

+mPi
Ṗi) dt. (29)

It is worth noting that the following equation should be
satisfied by the control law:

mP1P1 = . . . = mPN
PN . (30)

The droop coefficients are chosen based on the rated active
power of DGs. Therefore, we can write

P1

Pmax1

= . . . =
PN

PmaxN

. (31)

So, an additional term should be considered to meet (31).
This is a regulator synchronization problem for the nonlinear
and first-order MAS, which is expressed as⎧⎪⎪⎪⎪⎪⎨

⎪⎪⎪⎪⎪⎩

mP1
Ṗ1 = uP1

mP2
Ṗ2 = uP2

.

.

.

mPN
ṖN = uPN

.

(32)

These auxiliary controls are chosen based on the information
of the DG and its neighbors as follows:

uPi
= −cP ePi

(33)

ePi
=

∑
j∈Ni

aij(mPi
Pi −mPj

Pj). (34)

Finally, the control input is expressed as (see Fig. 8)

ωni
=

∫
(uωi

+ uPi
) dt. (35)

B. Secondary Control of DGs in DC Subgrid

In DC MGs, the decentralized droop control is considered for
power-sharing among DGs (here, traditional droop control) in
the first control layer of DGs in the dc subgrid so that we have
(see Fig. 9) [45]

V ref
i = V ∗ − riii. (36)

The droop coefficient is selected based on the rating power
of DGs, which causes voltage deviation. Therefore, increasing
its value leads to more deviation. For employing the secondary
voltage control of dc DGs, a signal is used and added to the
traditional droop equation [37], which is given by

V ref
i = V ∗ − riii + ui. (37)

In (37), ui shows the added signal, which has a designing
constraint. To satisfy (37), ui should be equal in the steady-state,

Fig. 9. Control of dc DG with primary droop control.

Fig. 10. Control of dc DG with secondary control.

which means
(ui)

s = (uj)
s ∀i, j (38)

where (ui)
s is the value of control input in the steady-state.

To restore the parameter to its reference, the differences in the
following equations should be zero:

eV = V ∗ − V ref
i (39)

eut =
∑
j∈ℵt

(uj − ui). (40)

Therefore, the designed control would be

ui =

(
kPi

+
kPi

s

)
ei (41)

where kPi
and kPi

are the proportional and integral PI controller
for ith DG and the mixed error is defined as

ei = αie
V + βie

ut . (42)
By employing the pinning control idea, the final implemented

equation would be

ei = giαie
V + βie

ut (43)
in which gi is a nonzero value that shows the reference DG and
has access to V ref . The overall diagram of adopted distributed
secondary control of DGs in the dc subgrid is illustrated in
Fig. 10.

C. Control of AC/DC BIC

The converter connects the dc subgrid to a common bus.
The control structure of this converter is shown in Fig. 11. As
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Fig. 11. Control of bidirectional ac/dc converter.

Fig. 12. Distributed control of bidirectional dc/dc converters.

observed, the output voltage is controlled by the inner loop
controls to follow the reference value generated by the outer
loop as [44] {

f ref = (f ∗ + δf) +mp(P − P0)
vref = v∗ + nq(Q−Q0).

(44)

D. Control of DC/DC BIC

The structure and control diagram of the dc/dc BIC is illus-
trated in Fig. 12. Because the common bus voltage is usually
higher than the dc bus’s voltage, this converter is considered a
buck converter in which the upper side connects to a common
bus. The control diagram of this converter has two control loops,
too. The outer loop produces the reference value based on droop
characteristic, and the inner loop controls the output of the dc
voltage. This droop control law is defined as [44]

vrefdc = (v∗dc + δv)− r.idc. (45)

It should be noted that the control scheme of ESS is the same
as explained in Section II-C.

IV. SMALL-SIGNAL STABILITY STATE-SPACE MODEL

For evaluating the stability of the proposed scheme, the
eigenvalue and time delay analysis were studied. To study the
eigenvalue analysis, Fig. 13 is considered in which the following
equations can be written for current and voltage dynamics in dq

Fig. 13. Considered configuration to achieve current and voltages equations.

frame
did
dt

=
−Rf

Lf
id + ω0iq +

1

Lf
(vd − vod) (46)

diq
dt

=
−Rf

Lf
iq − ω0id +

1

Lf
(vq − voq) (47)

dvod
dt

= ω0voq +
1

Cf
(id − iod) (48)

dvoq
dt

= −ω0vod +
1

Cf
(iq − ioq) (49)

diod
dt

=
−Rc

Lc
iod + ω0ioq +

1

Lc
(vod − vsd) (50)

dioq
dt

=
−Rc

Lc
ioq − ω0iod +

1

Lc
(voq − vsq) (51)

where vd, vq, id, and iq are dq-axis voltages and currents; vod,
voq, iod, and ioq are dq-axis output voltages and currents; vsd
and vsq dq-axis bus voltages; Rf , Lf and Cf the parameters
of filter and Rc and Lc the resistance and inductance of line,
respectively.

The instantaneous active and reactive power are also given bt
tow-axis theory as follows:

p = vodiod + voqioq (52)

q = vodioq − voqiod. (53)

By considering the linearization of (1) and (2) along with the
above equations, the state-space model of a single inverter unit
can be written as

ΔẋDG = ADGΔxDG +BDGΔVs (54)

where

ΔxDG = [ΔδΔP ΔQΔCv ΔCc Δidq Δvodq Δiodq]
T

where Δδ is the angle difference, Cv and Cc are the states of
voltage and current controllers, Vs is the supply voltage; and
ADGand BDG are the state and input matrices, respectively.
Based on this state-space model, eigenvalue analysis is provided
in Section V-D.

V. SIMULATION RESULTS

For evaluating the proposed scheme’s effectiveness for con-
trolling and power management of the hybrid ac/dc MG, a
hybrid ac/dc MG with multiple ac and dc DG units is simulated
in MATLAB/Simulink software environment. The test hybrid
ac/dc MG is shown in Fig. 14. As can be seen, the ac and
dc subgrids have 3 and 4 DG units, respectively, and ac and
dc subgrids are connected by ac/dc and dc/dc BICs. There is
also a storage system to maintain voltage support and balance
power. The storage system’s output voltage is 1000 V. The
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Fig. 14. Test hybrid ac/dc MG system.

TABLE I
PARAMETERS OF DGS IN AC SUBGRID

nominal ac voltage, dc voltage, and frequency are 220, 220 V,
and 50 Hz, respectively. Tables I–V show DGs’ parameters in
ac and dc subgrids, ac/dc and dc/dc BICs, and ESS. Impedances
between DG1 and DG2 and between DG2 and DG3 are 0.23 + j
0.318 × 10-3 Ω and 0.175 + j 0.923 × 10-3 Ω, respectively; and
impedance between DC DGs equals to 0.268+ j 0.013× 10-3Ω.

TABLE II
PARAMETERS OF DC DGs IN DC SUBGRID

TABLE III
PARAMETERS OF AC/DC BIC

TABLE IV
PARAMETERS OF DC/DC BIC

TABLE V
PARAMETERS OF ESS
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Fig. 15. Obtained results from conventional droop control [17], [43]. (a) d-axis voltages of ac DGs. (b) Angular frequencies of DGs in ac subgrid. (c) Voltages
of DGs in dc subgrid. (d) Currents of DGs in dc subgrid. (e) Voltage of common bus. (f) Active powers of DGs in ac subgrid. (g) Reactive powers of DGs in ac
subgrid. (h) Powers of DGs in dc subgrid. (i) Active and reactive power of ac/dc BIC. (j) Power of dc/dc BIC.

Fig. 16. Obtained results from nonlinear control. (a) d-axis voltages of ac DGs. (b) Angular frequencies of DGs in ac subgrid. (c) Voltages of DGs in dc subgrid.
(d) Currents of DGs in dc subgrid. (e) Voltage of common bus. (f) Active powers of DGs in ac subgrid. (g) Reactive powers of DGs in ac subgrid. (h) Powers of
DGs in dc subgrid. (i) Active and reactive power of ac/dc BIC. (j) Power of dc/dc BIC.

The AC loads in the studied MG are 30 kW + j 20 kVAr and 20
kW + j 20 kVAr, and at t = 3 s, a 15 kW + j10 kVAr load is
added. There are 30 and 15 kW loads in the dc subgrid, which
the second load is added at t = 4 s. At t = 5 s, ac DG 3 is
disconnected, and it is coupled at t = 7s. Finally, DC DG7 is
exited at t = 6 s, and then it is connected to MG at t = 8 s.

A. Performance Evaluation of the Primary Controller

At first, the performance of the studied MG is investigated
by activating just primary controllers. The obtained results
for adopted droop control and the proposed nonlinear control
schemes in the primary control level are depicted in Figs. 15
and 16. As can be observed, voltages and frequency of the
studied MG are in the allowable range when the nonlinear

control is adopted (as the voltages are restored to 210 V, and
the angular frequency approaches 314 rad/s). In comparison,
there are considerable drops in the mentioned parameters when
the MG is controlled by the conventional droop method [17],
[43] (as voltages are well under 200 V, and angular frequency
is just under 312.5 rad/s). As it is evident, the power-sharing
with the droop control method among ac DGs, dc DGs, and
ac and dc subgrids is not as precise as the proposed nonlinear
method. It is worth mentioning that the common bus voltage,
shown in Figs. 15 –18, shows the variations of power of the
whole MG. Compared with each other, the offered nonlinear
method dynamics are more considerable, especially when the
DGs are disconnected/connected. However, the obtained results
from this strategy are closer to nominal values, and the drops in
the droop method are more visible.
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Fig. 17. Obtained results by distributed control with droop based primary control. (a) d-axis voltages of ac DGs. (b) Angular frequencies of DGs in ac subgrid.
(c) Voltages of DGs in dc subgrid. (d) Currents of DGs in dc subgrid. (e) Voltage of common bus. (f) Active powers of DGs in ac subgrid. (g) Reactive powers of
DGs in ac subgrid. (h) Powers of DGs in dc subgrid. (i) Active and reactive power of ac/dc BIC. (j) Power of dc/dc BIC.

Fig. 18. Obtained results by distributed control with nonlinear based primary control. (a) d-axis voltages of ac DGs. (b) Angular frequencies of DGs in ac subgrid.
(c) Voltages of DGs in dc subgrid. (d) Currents of DGs in dc subgrid. (e) Voltage of common bus. (f) Active powers of DGs in ac subgrid. (g) Reactive powers of
DGs in ac subgrid. (h) Powers of DGs in dc subgrid. (i) Active and reactive power of ac/dc BIC. (j) Power of dc/dc BIC.

B. Performance Evaluation of the Primary and
Secondary Controllers

For evaluating the distributed secondary control method’s
effectiveness, the proposed distributed control scheme is applied
to the aforementioned primary control schemes in the test hybrid
ac/dc MG. The adjacency matrices which illustrate the commu-
nication graph are expressed for ac and dc DGs in associated
subgrids in (46) and (47), respectively.

W =

[
0
1
0

0
0
0

1
0
1

]
(55)

B =

⎡
⎢⎣
0
1
0
0

0
0
1
0

0
0
0
1

1
0
0
0

⎤
⎥⎦ (56)

The simulation results in implementing distributed secondary
control are shown in Figs. 17 and 18. As can be seen, by imple-
menting the secondary control in the studied MG, the parameters
are restored appropriately to their nominal values. The voltages
are restored to 220 V, and DGs’ angular frequencies are fixed
on 314.16, although there is an ignorable drop by increasing the
loads in both subgrids. Also, the power-sharing is proper and
precise, although there are some changes in loads, and some
DGs are exited.

C. Eigenvalue, Time-Delay, and Robustness Analysis

In this part of the analysis, we first provide an eigenvalue
analysis based on the small-signal stability state-space model
presented in Section IV. Fig. 19 illustrates the considered
system’s eigenvalues by studying the effects of increasing the
filter’s capacitance, the inductance of filter, the filter’s resistance,
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Fig. 19. Eigenvalues analysis.

increasing the R/X ratio of the line, and increasing the length of
the line. As can be observed, the system is stable because all
eigenvalues were on the left side of the plot while increasing the
filter parameters leads used to instability. Although the R/X line
increase makes the system unstable, the increasing line length
causes the system to be more stable.

Next, based on the time-delay stability analysis provided
in [46], a delay margin calculation is obtained to verify the
proposed method. The obtained results were as Tmax = 0.656
and ωmin = 0.987 which lead to the system margin equals to
τmax = 1.013 s, while employing conventional droop control
method reported in [17] and [43], τmax would be 0.837 s.

Finally, to show the system’s robustness against the paramet-
ric uncertainties, robustness analysis is first converted into a
polynomial problem with coefficients that structurally depend on
the vector of load parameters. This polynomial is the character-
istic equation of the closed-loop system denoted by p(s,q), which
has a multilinear uncertainty structure; namely, its coefficients
depend on a multilinearly vector of uncertain parameters [47].
We also assume that set is a box containing the load parameters
q = [R L C]. The goal is to determine the maximal uncertainty Q
bounding set under which the stability of the closed-loop system
or equivalently stability of the characteristic polynomial p(s,q)
is satisfied. Thus, the objective is to find the largest uncertainty
box Q such that the family of polynomials P = {p(., q): q � Q}
is stable for all q � Q; that is, for all q � Q all roots of p(s,q)
lie in the strict left half-plane. In such a case, set Q represents a
robustness margin for the stability of the closed-loop system. A
recursive calculation is required to solve the robustness margin
problem. The robust stability analysis carried out in this section
is explained as “the family of polynomials P = {p(., q): q � Q},
with uncertainty bounding set Q given by

Q =

{
0.22 p.u. ≤ R ≤ 10.33 p.u.
0.13 p.u. ≤ L ≤ 9.09 p.u.

0.62 p.u. ≤ C ≤ 26.85 p.u.
(57)

is robustly stable.” The proof is carried out in three steps and
detailed in [47].

D. Comparison With [17], [43], and Discussion

By comprising the obtained results from the conventional
droop control method, proposed nonlinear primary control
strategy, and also applying the proposed distributed secondary
schemes, it can be seen that when the distributed strat-
egy is activated, the values are restored more precisely, and

the power-sharing is more proper. Although the nonlinear
strategy can restore the values and propose more acceptable
results compared to conventional droop control [17], [43], it
has some ignorable drops and drawbacks, which are solved
with a distributed control method. But, it should be noted that
the proposed nonlinear method achieved acceptable results in
allowable ranges without additional communication links and
any secondary control layer.

For proving the superiority of the proposed method over
conventional droop methods [17], [43], some indices are imple-
mented to calculate the errors of active and reactive power and
voltage and frequency distortions. These equations are described
as follows:

ePi
=

(
Pi∑
Pi

− Prated,i∑
Prated,i

)
× 100 (58)

eQi
=

(
Qi∑
Qi

− Qrated,i∑
Qrated,i

)
× 100 (59)

eVi
=

(
Vrated,i − Vi

Vrated,i

)
× 100 (60)

eωi
=

(
ωrated,i − ωi

ωrated,i

)
× 100 (61)

where ePi
and eQi

are active and reactive power errors of ith
DG, respectively, Pi is measured active power; Qi is measured
reactive power; Prated,iis rated active power, and Qrated,i is rated
reactive power of ith DG, eVi

and eωi
are voltage and frequency

distortions of ith DG, respectively, Viis measured voltage, ωiis
measured frequency, Vrated,iis the rated voltage, and ωrated,i is
rated frequency of ith DG. The test microgrid system is simulated
in three cases as follows, and the obtained results are given in
Table VI.

1) Case 1: The normal operating condition.
2) Case 2: Load step change.
3) Case 3: DG plug out (outage from the grid).
4) Case 4: DG plugin (reconnection to the grid).
As it is evident, when there is just primary controllers, the

obtained errors by implementing the nonlinear method is im-
proved about 27%, 39%, 64%, and 44% compared to the droop
method in the worst condition for active power, reactive power,
voltage distortion, and frequency distortion, respectively. These
improvements are 38%, 32%, 57%, and 44% for the second
case study, in load step change and 19%, 32%, 58%, and 57% in
plugging case study. The improvements in playing case studies
are the same as improvements in the second case study. As a
whole, the errors mentioned above decreased by implementing
the nonlinear method instead of the conventional droop method.

When the nonlinear based primary controllers are used with
secondary distributed controllers, 9%, 4%, 7%, and 0% improve-
ments are observed in the worst conditions over droop based
primary controller with secondary controllers in active power,
reactive power, voltage distortions, and frequency distortions,
respectively. By increasing load in case 2, the nonlinear-based
method has 16%, 13%, 28%, and 0% improvements over droop
based method. In case 3, the improvements are approached at
4%, 16%, 11%, and 0%. These improvements in the nonlinear
based method for the fourth case study are similar to the second
case study.
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TABLE VI
COMPARISION OF DIFFERENT INDICES FOR VOLTAGE/FREQUENCY REGULATION AND ACTIVE/REACTIVE POWER-SHARING IN DIFFERENT CASES

VI. CONCLUSION

In this article, a hybrid ac/dc MG is considered and simu-
lated in MATLAB/Simulink software, including three DGs in
the ac subgrid and four DGs in the dc subgrid in which they
were connected through BICs. Two different primary control
methods, i.e., conventional droop method and offered nonlinear
strategy, are applied to studied MG, and their obtained results
were comprised. The results showed that the nonlinear based
primary control was performed better than conventional droop
based primary control and had more precise power-sharing.
As a whole, the reduction in active and reactive power errors
was about 30%, and almost 50% improved was observed in
frequency and voltage distortions. Then, the distributed based
secondary control was applied to the aforementioned primary
controllers to achieve more acceptable results. The secondary
control method compensated the drops in voltages and frequency
caused by the primary controllers and precisely restored the ref-
erence values. By implementing the secondary controllers, the
active and reactive power errors decreased to about 10%, while
the voltage distortion was achieved to near 15%, and frequency
distortion became zero. The obtained results from simulations
were comprised and showed the effectiveness and preference of
the implemented nonlinear method over the conventional droop

method in restoring the values to their reference value, voltage
regulation, and power-sharing. Simultaneously, by considering
both cases of plug and play in the studied microgrid and changes
in loads, and controllers offered acceptable and effective results.
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