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Optimal Modulation Strategy for Ripple Current Reduction of
DC-link Capacitor in Multi-drive Systems

Bo Yao, Student Member, IEEE, Zhongting Tang, Member, IEEE, Dinesh Kumar, Senior Member, IEEE,
Haoran Wang, Member, IEEE, and Huai Wang, Senior Member, IEEE

Abstract—This paper proposes a modulation method that
significantly reduces the ripple current of the DC-link capacitor
in multi-drive systems. It is based on the derived analytical model
for the capacitor ripple current with an arbitrary number of
drives connected in parallel at the DC-link side. The effects of
different parameters (including load, power factor, modulation
ratio, and switching frequency) on the modulation method in
multiple drives are analyzed. Both the low-frequency and high-
frequency current components are minimized by the optimal
phase shifts of the modulation signal and the carrier signal. The
cases with three drives for the optimal phase shifts corresponding
to different parameter configurations are given. Benchmark
studies of multi-drives systems with 2 to 20 drives reveal that the
total capacitor Root Mean Square (RMS) current is reduced to
34.3%∼15.9%. Proof-of-concept experimental results verify the
theoretical analysis and the effectiveness of the proposed method.

Index Terms—multi-drive systems, DC-link capacitor, analyti-
cal model, modulation method, ripple current

I. INTRODUCTION

RECENTLY, multi-drive system concepts have been used
in industrial and residential applications [1], [2]. There

are three typical configurations of multi-drive systems: DC-
side parallel with single AC load [3], [4]; grid-side parallel
with multiple AC loads [5], [6]; and DC-link parallel with mul-
tiple AC loads [7]–[9], as shown in Table I. In Configuration
1, multiple drives are connected in parallel to provide a high-
power system, which can be used in on-board ships, electric
vehicles (EVs) and hybrid EVs (HEVs) [3], [4]. However, this
structure is just suitable for a single load system, and cannot
connect multiple loads. In Configuration 2 and Configuration
3, multiple loads are provided by the AC grid or the DC
grid, which can be used in pulp and paper, metal and mining,
marine, and production lines applications [5]–[7]. Compared
with Configuration 2, Configuration 3 with a common DC-
link system has been advocated as a possibility for future
integration of drives to reduce the number of conversion
stages, improve the reliability, and optimize the cost and
volume, which is of interest in this paper [7]. Furthermore,
Configuration 3 can be more flexible and scalable as the sys-
tem capacity can be increased by adding more drives without
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TABLE I
THREE CONFIGURATIONS OF THE MULTI-DRIVE SYSTEMS.

removing existing drives and additional rectifier modules [8],
[9].

Despite these benefits, one of the concerns in Configuration
3 is the ripple current generated by harmonic interaction
between these parallel connected drives and from pulse width
modulation (PWM) switching [10]. The ripple current in
this multi-drive system linearly increases with the number
of drives connected with the DC link. On the one hand, a
common practical solution in the market to suppress the DC-
link harmonics is to use a large DC-link capacitor, yet the
overall system compromises in terms of volume, weight, and
cost [11], [12]. On the other hand, the considerable ripple
current increases the hot spot temperature and reduces the
lifetime of the DC-link capacitor [13], [14]. Therefore, it is
important to reduce the DC-link capacitor current in multi-
drive systems with DC-side parallel and multiple AC loads
(i.e., Configuration 3 in Table I).

Existing methods for reducing the DC-link capacitor current
in multi-drive systems have the following issues: In Configu-
ration 1, a method is proposed to reduce the ripple current of
the DC link capacitors by extracting the switching signals of
drives [15], which needs the shared single AC load for multiple
drives, only limited to such a configuration. The modulation
methods using phase shifts of the carrier signal are given
in [16] and [17], and its derived models consider the effect
of different modulation ratios and power factors, respectively,
which can be extended to Configuration 3 to reduce the high-
order harmonics of the capacitor current. Nevertheless, this
method can not deal with the effects of low-order harmonics
caused by multiple loads. In Configuration 2, the method
in [18] considers the phase shifts of the modulation signal
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to reduce the low-order harmonics of the capacitor current.
Ref. [19] further considers the influence of different loads.
However, the derived models in [18], [19] have mandatory
conditions to configure the multiple rectifiers for the DC-
link of each drive, thus the derived models are applicable for
Configuration 2 only. In Configuration 3, a method is presented
to suppress DC link current harmonics by phase shifts of the
carrier and the modulation signal [20]. However, this method
only derives the analytical equation for DC-link capacitor
ripple current with identical parameters of two drives. In
addition, it cannot be used to analyze the optimal phase shifts
in systems with different parameters (e.g., different loads,
switching frequency, etc.) of more than two drives.

This paper proposes a modulation scheme to minimize the
DC-link capacitor current ripple for the multi-drive systems
in Configuration 3. The contribution lies in three aspects: 1)
the DC-link capacitor ripple current is analytically derived
and applicable for systems with a different number of drives
connected in parallel; 2) this method can be applied to different
parameters (including load, power factor, modulation ratio,
and switching frequency) in multiple drives; 3) the modulation
scheme features optimal phase shifts of both the low-frequency
modulation signal and the switching-frequency carrier signal
among the drives.

The structure of this paper is as follows: Section II presents
the proposed optimal modulation modeling; Section III gives
the case study; Section IV discusses the experimental verifi-
cation, followed by the conclusions.

II. PROPOSED OPTIMAL MODULATION MODELING

The multi-drive system with a common DC bus and DC-link
capacitors is shown in Fig. 1. It consists of N parallel drives,
connected to a common DC bus and DC-link capacitors,
powered by the DC grid. In applications such as paper, metal,
mining, marine, and production lines, the parallel drives can
be considered synchronized and have the same initial phase
[7]–[9]. This section analyzes the ripple current of DC-link
capacitors and the optimal modulation scheme considering the
operating condition of identical parameters and different pa-
rameters (including different loads, power factors, modulation
ratios, and switching frequencies) in multiple drives.

A. Ripple current for the single drive

The double Fourier analysis method can be used to develop
spectral models for regular-sampled PWM [21]. The switching
model Spwm under SPWM modulation based on the triangular
carrier can be expressed as [22]:

Spwm =M sin (ω0t+ θ0)

+
4

π

∞∑
m=2,4,....

∞∑
n=±1,±3,...

[
(−1)

m
2

m
Jn
(
πmM

2

)
×

sin (n (ω0t+ θ0) +m (ωct+ θc))

]
(1)

where ωo, ωc, θo, and θc represent the angular velocity of the
modulation signal and the carrier signal, the phase angle of
the modulation signal and the carrier signal, respectively. M

Fig. 1. Multi-drive system with DC-side parallel and multiple AC loads.

represents the modulation ratio of the drive and Jn
(
mπM

2

)
is

the Bessel function.
The DC-link input current idc for the drive can be given as:

idc = Spwm ×
Up
ZP

sin (ω0t+ θ0) (2)

where Up, Z, and P represent the amplitude of the AC voltage,
the load, and the power factor of the drive, respectively.

According to (1) and (2), the DC-link input current idc can
be expressed as:

idc = idc−1 + idc−2

idc−1 =M sin (ω0t+ θ0)× Up

ZP
sin (ω0t+ θ0)

idc−2 = 4
π
× Up

ZP
sin (ω0t+ θ0)×

∞∑
m=2,4,...

∞∑
n=±1,3,...

[
(−1)

m
2

m
Jn
(
πmM

2

)
× sin (n (ω0t+ θ0) +m (ωct+ θc))

]
(3)

where idc−1 and idc−2 represent the two calculated compo-
nents of the DC-link input current idc.

The first calculated component idc1 can be simplified to:

idc−1 =
UpM

2ZP
− UpM

2ZP
cos (2 (ω0t+ θ0)) (4)

When n = ±1,±3, . . ., the function of cos (n (ω0t+ θ0))
times is point symmetry, and its sum is 0. Meanwhile, from
the properties of the Bessel function, it applies:

J−n

(
πmM

2

)
= (−1)nJn

(
πmM

2

)
= Jn

(
πmM

2

)
(n = ±1,±3, . . .)

(5)
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Therefore, idc−2 can be further simplified as:

idc−2 =
8Up
πZP

×
∞∑

m=2,4,...

∞∑
n=1,3,...

[
(−1)

m
2

m
Jn
(
πmM

2

)
× sin (ω0t+ θ0)

× sin (n (ω0t+ θ0)) cos (m (ωct+ θc))

]
(6)

According to (4) and (6), it reveals that the DC-link current
of one drive consists of the DC component, low-frequency
harmonics, and high-frequency harmonics. The DC compo-
nent idc−DC , the low-frequency harmonic component (double-
fundamental frequency) idcl, and the high-frequency harmonic
component (mth-order harmonic of the carrier frequency) idch
can be expressed as:



idc = idc−DC + idcl + idch

idc−DC =
UpM

2ZP

idcl = −UpM

2ZP
cos (2 (ω0t+ θ0))

idch =
∞∑

m=2,4,...


(−1)

m
2

8UpM

πmZP
×

sin (ω0t+ θ0) cos (m (ωct+ θc))×
∞∑

n=1,3,...

[
Jn
(
πmM

2

)
sin (n (ω0t+ θ0))

]

(7)

B. Ripple current for the Multiple drives

In Fig.1, the low-frequency harmonic component idcl for
multiple drives can be given as:

idcl = −
Up
2

N∑
i=1

[
Mi

ZiPi
cos
(
2
(
ω0t+ θ0−i

))]
(8)

where θo−i, Mi, Zi, and Pi represent the shifted phase angles
of the modulation signal, the amplitude of the AC voltage, the
modulation ratio, the impedance, and the power factor in the
ith drive, respectively, and N is the number of drives.

The high-frequency harmonic current of the mth-order
carrier frequency idch(m) can be expressed as:


idch(m) =

N∑
i=1

Hi(m)
8UpMi

πZiPi
cos
(
m
(
ωc−it+ θc−i

))
Hi(m) = (−1)

m
2

m sin
(
ω0t+ θ0−i

)
×

∞∑
n=1,3,...

[
Jn
(
πmM

2

)
sin
(
n
(
ω0t+ θ0−i

))] (9)

where ωc−i and θc−i are the angular velocity of the modulation
signal and the phase shift angles of the carrier signal of the
ith drive, respectively. Hi(m) is the coefficient in the high-
frequency current harmonics.

Therefore, the DC-link capacitor current icap can be ex-
pressed as:

icap = idcl + idch(m) (10)

Fig. 2. Optimal phase shifts of the modulation signal and the carrier signal
with identical parameters in different drives.

C. Optimal Phase Shift Scheme for Multiple Drives with
Identical Parameters

When the load, the power factor, and the modulation ratio
of multiple drives are identical:

E =
M1

Z1P1
=

M2

Z2P2
= · · · = MN

ZNPN
(11)

In this case, the magnitude of the low-frequency harmonic
current Idcl−mag can be simplified as:

Idcl−mag =
UpE

2

√√√√[ N∑
i=1

sin
(
2θ0−i

)]2

+

[
N∑
i=1

cos
(
2θ0−i

)]2

(12)

When switching frequencies are identical in the multiple
drives, the magnitude of the mth-order harmonic of the carrier
frequency Idch(m)−mag can be simplified as:

Idch(m)−mag =

8UpE

π

√√√√[ N∑
i=1

Hi(m) sin
(
mθc−i

)]2

+

[
N∑
i=1

Hi(m) cos
(
mθc−i

)]2

(13)

The RMS current icap(RMS) and power loss Pcap of the
DC-link capacitor can be expressed as:

icap(RMS) =

√
I2
dcl−mag

+
∞∑

m=2,4,...

I2
dch(m)−mag

Pcap = I2dcl−mag
R(fdcl)

+
∞∑

m=2,4,...

I2
dch(m)−mag

R(fdch (m))

(14)

where R(fdcl) and R(fdch (m)) are the equivalent series re-
sistance (ESR) of the DC-link capacitor at low and high
frequencies, respectively.

According to (12), when the 2θo−i in multi-drive systems
is equally divided into 360°, that is, the phase shifts of the
modulation signal in the ith drive are 180

N × (i− 1), thus low-
frequency current harmonics can be completely canceled, as
shown in Fig. 2(a). According to (13), the 2θc−i can also be
equally divided into 360°. The phase shifts of the carrier signal
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Fig. 3. Proposed optimal modulation scheme. (In (a), Case 1, Case 2, and Case 3 represent the scheme for multi-drive systems with identical parameters,
different load / power factor / modulation ratio, and different switching frequency among multiple drives, respectively.)

in the ith drive are 180
N × (i − 1). It can significantly reduce

the high-frequency current harmonic components. It should
be noted that the above phase shifts method cannot eliminate
all the high-frequency harmonics since Hi(m) magnitudes are
unequal in different drives. The shaded area in Fig. 2(b)
represents the remaining high-frequency current components.

The selection of the phase shifts of the carrier signal or the
modulation signal depends on the number of running drives.
When the number of drives is N , the θo−i and θc−i of the ith

drive are:

i ∈ {1, 2, · · · , N} θo−i = θc−i =
{
180

N
× (i− 1)

}
(15)

Therefore, the implementation of the proposed optimal mod-
ulation scheme for multiple drives with identical parameters
is described in Case 1 of Fig. 3(a).

D. Optimal Phase Shift Scheme for Multiple Drives with
Different Parameters

1) Different loads, power factors, and modulation ratios:
When the load, the power factor, and the modulation ratio
are different in multiple drives, the magnitude of the low-
frequency harmonic current Idcl−mag can be simplified as:

Idcl−mag =

Up
2

√√√√[ N∑
i=1

Mi

ZiPi
sin
(
2θ0−i

)]2

+

[
N∑
i=1

Mi

ZiPi
cos
(
2θ0−i

)]2

(16)

The magnitude of the mth-order harmonic of the carrier
frequency Idch(m)−mag can be simplified as:

Idch(m)−mag =
8Up

π
×√√√√[ N∑

i=1

MiHi(m)

ZiPi
sin
(
mθc−i

)]2

+

[
N∑
i=1

MiHi(m)

ZiPi
cos
(
mθc−i

)]2

(17)

In this case, the RMS current icap(RMS) and power loss
Pcap of the DC-link capacitor can be expressed by (14).

The implementation of the proposed optimal modulation
scheme for multiple drives with different loads, power factors,
and modulation ratios is described in Case 2 of Fig. 3(a). In
the scheme, the optimal phase shifts of the modulated signal
and the carrier signal are obtained, respectively, through the
Particle Swarm Optimization (PSO) algorithm. PSO is a global
optimization algorithm, which can be used to find the optimal
solution for the undetermined parameters and is suitable for
analyzing the optimal phase shifts in this method [23] [24].
When different drives are set with different parameters, the
PSO algorithm can be used to obtain the optimal phase shifts,
as shown in Fig 3. (b). To implement PSO, the first step is to
set the range of the phase shifts in different drives, whose
values can be assumed as [0, 2π]. The next step is to set
particle swarm settings in the algorithm, whose values can
be assumed empirically and updated in follow-up calculations
[25]. According to the analytical model derived in this paper,
the low-order or high-order current harmonics corresponding
to different groups of phase shifts within the set range are
calculated, and the RMS current and power loss correspond-
ing to different phase shifts are further obtained. When the
calculation result of RMS current and power loss of DC-
link capacitors is the minimum, the corresponding optimal
phase shifts in different drives are output, which is the optimal
solution.

2) Different switching frequencies: When the switching
frequencies are different in multiple drives, the magnitude of
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TABLE II
LOOK-UP TABLE FOR OPTIMAL PHASE SHIFTS IN DIFFERENT CONDITIONS OF MULTIPLE DRIVES (TAKE THREE DRIVES AS AN EXAMPLE).

Fig. 4. RMS current of DC-link capacitor by the analytical equations in the three drives system. ((a) and (b) indicate Case 1 - identical parameters in multiple
drives; (c) and (d) indicate Case 2 - different loads in multiple drives; (e) and (f) indicate Case 3 - different switching frequency in multiple drives. The
phase shift of the carrier signal in the 1st drive is 0° in each case. The numerical results are specific to the system with the specifications shown in Table III
discussed later in Section IV)

the low-frequency harmonic current Idcl−mag can be expressed
by (12).

The Hash(s) indicates the number of elements in the
combination of m orders the different switching frequencies
for multiple drives:

Hash(s) =


2ωc−1 4ωc−1 · · · mωc−1

2ωc−2 4ωc−2 · · · mωc−2

· · · · · · · · · · · ·
2ωc−N 4ωc−N · · · mωc−N

 (18)

The magnitude of the sth-order harmonic of the carrier
frequency Idch(s)−mag can be simplified as:

Idch(s)− mag =
8Up

π
×√√√√[ xpq∑

i=1

MiHi(s)

ZiPi
sin
(
pθc−q

)]2

+

[
xpq∑
i=1

MiHi(s)

ZiPi
cos
(
pθc−q

)]2

(19)

where pθc−q and xpq denote the same element in Hash(s) and
the number of that group, respectively.
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Fig. 5. Benchmark for the RMS value of DC-link capacitor ripple current
with identical parameters in the multiple drives

In this case, the RMS current icap(RMS) and power loss
Pcap of the DC-link capacitor can be expressed as:

icap(RMS) =

√
I2dcl−mag +

s∑
i=1

I2
dch(i)−mag

Pcap = I2dcl−magR(fdcl) +
s∑
i=1

I2dch(s)−magR(fdch(s))

(20)

The implementation of the proposed optimal modulation
scheme for multiple drives with different switching frequen-
cies is described in Case 3 of Fig. 3(a). In addition, the optimal
phase shifts of the carrier signal are obtained by the PSO
algorithm in Fig. 3(b).

III. CASE STUDY

According to the derived analytical model and the modula-
tion strategy proposed in Fig. 3, the optimal phase shifts of the
drives under different parameters can be obtained, as shown
in Table II. Taking three drives as an example, Table II (a)
gives the calculation results of the optimum phase shifts for
each drive at different power factors. Similarly, the table can
also represent the results for different conductance (reciprocal
of load) and modulation factors for multiple drives. With
the identical power factors in the multiple drives, it can be
seen that both the optimal phase shifts of the carrier signal
and modulation signal are 0°, 60°, and 120° in the multiple
drives, which agrees well with (15). With the different power
factors in the multiple drives, the optimal phase shifts of the
carrier signal and the modulation signal are dynamic, which
is obtained by the PSO algorithm. Meanwhile, if N drives
have the same switching frequency, and one of those has
a significantly lower load, the optimal phase shifts of the
modulation signal would converge towards that of N−1 drives.
Table II (b) gives the calculation results of the optimum phase
shifts for each drive at the different switching frequencies.
The optimal phase shifts of the modulation signal are all 0°,
60°, and 120°, which are consistent with (15). Furthermore,
with the different switching frequency in the multiple drives,
the optimal phase shifts of the carrier signal are dynamic,
which is obtained by the PSO algorithm. The method adopted
is to obtain the look-up table according to the offline pre-
computation of the optimized modulation scheme proposed in
Fig. 3. The table is then embedded into the control program.

Fig. 4 shows the RMS current of the DC-link capacitors
of low-frequency harmonic and high-frequency harmonic with
different carrier and modulation phase shifts when three drives
are connected in parallel. In Fig. 4, three cases are considered,
respectively, with identical parameters, different loads, and
different switching frequency in the multiple drives. When the
identical parameters in the three drives are set in Fig. 4 (a)
and (b), it can be seen that both the optimal phase shifts of the
carrier signal and the modulation signal are 0°, 60°, and 120°
in the multiple drives, which agrees well with Table I. When
the different loads with 100%, 80%, and 60% values in the
three drives are set in Fig. 4 (c) and (d), it can be seen that the
optimal phase shifts of the carrier signal and the modulation
signal are [0°, 72°, 117°] and [0°, 61°, 109°], respectively,
which consistent with the results in Table I. When the different
switching frequency with 1.0, 1.5, and 2.0 times in the three
drives are set in Fig. 4 (e) and (f), it can be seen that the
optimal phase shifts of the carrier signal and the modulation
signal are [0°, 60°, 120°] and [0°, 84°, 105°], respectively,
which is also consistent with the results in Table I.

The benchmark of the DC-link capacitor RMS current
with identical parameters and different N is further analyzed
in Fig. 5. The RMS current ratios of DC-link capacitors,
including four phase shift strategies of the carrier signal and
the modulation signal, are compared. It can be seen that the
RMS current of the DC-link capacitor with the proposed
modulation method is only 34.3% to 15.9% of that without
a phase shift scheme if N varies from 2 to 20, respectively.
Based on the frequency-dependent ESR values and DC-link
capacitor ripple current spectrum, the power loss of the specific
DC-link capacitors can be obtained.

IV. EXPERIMENTAL VERIFICATION

A. Experimental setup

The experimental platform and the control schematic are
shown in Fig. 6, where three drives are connected in parallel.
Each inverter consists of four IGBTs (with antiparallel diodes).
In addition, each inverter is configured with an LC-type filter
and a load. The RT-box controller is used, which integrates
the FPGA chip to control multiple drives simultaneously, thus
the clock frequency of each drive is synchronized. It should
be noted that when each drive has a separate control platform,
the clock synchronization settings for the DSPs or FPGAs of
different drives can be achieved by the clock synchronization
methods [26], [27].

The control schematic is presented in Fig. 6(b), where the
double-loop control method and single-loop control method
are both adopted. Firstly, the reference voltage UP × sin (ωot)
or reference current IP×sin (ωot) are given, and the frequency
ω0 can be changed along with different motor speed. In the
double-loop control method, compared to the reference voltage
and the measurement voltage uout−i, the voltage error goes
through a PI voltage controller (Gv) to generate the reference
current. In the single-loop control method, the current error,
generated by comparing the reference current and the feedback
current iout−i, passes through a PI current controller Gc
to generate modulation ratios of full-bridge drives. Finally,
the triangular carrier (switching frequency is ωc−i) and the
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Fig. 6. Experimental prototype and the schematic diagram.

modulation ratios can generate the PWM signals through
modulation methods, where the pulse signal PWMs 1-3 are
set for drive system 1-3, respectively. A dead time of 200 ns
is set in the SPWM.

Meanwhile, how to integrate the proposed optimal scheme
into the controller is given in Fig. 6(b). According to the
modulation scheme shown in Fig. 3 for the three cases, the
obtained Table II is embedded in the controller. The proposed
optimal scheme aims to generate θ0−i and θc−i, which can be
obtained by setting different parameters of the drives (e.g.,
load, power factor, modulation ratio, switching frequency,
etc.).

The specifications are shown in Table III, including six
experimental cases. In Case 1, three drives have the same
parameters, i.e., loads are 20 ohm and switching frequencies
are 5 kHz. Case 2 has different loads in those three drives,
i.e., the loads of drive 1-3 are 20 ohm, 25 ohm, and 33 ohm,
respectively, and the switching frequencies are 5 kHz. Case 3
sets different switching frequencies, where loads are 20 ohm,
and switching frequencies are 5 kHz, 7.5 kHz, and 10 kHz in
drives 1-3, respectively. Case 4 sets both different loads and

TABLE III
SYSTEM PARAMETERS.

different switching frequencies in drives 1-3, respectively. In
Case 5, the experiment of dynamic output current frequency
is given, where the single-loop current control method is used.
Step changes in load and number of drives are shown in Case
6. Four different modulation schemes are compared, where
Strategy 1 is the modulation method without the phase shift
scheme, Strategy 2 represents the modulation scheme with
only phase shifts of the switching-frequency carrier signal,
Strategy 3 is the modulation method with phase shifts of only
the low-frequency modulation signal, and Strategy 4 is the
proposed modulation strategy with optimal phase shifts of
both the low-frequency modulation signal and the switching-
frequency carrier signal.

B. Case 1: Multiple drives with identical load and switching
frequency

Fig. 7 shows the waveforms of the DC-side supply current
ig , the DC bus current idc, and the capacitor ripple current
icap with identical parameters in multiple drives for all four
strategies. idc and icap vary according to different phase shift
schemes. The phase shifts are obtained from Case 1 in Fig.
3. The FFT analysis verifies the results that when the phase
shifts of the modulation signal are 0°, 60°, and 120° (with
Strategy 3 and Strategy 4), the low-frequency harmonics can
be eliminated. When the phase shifts of the carrier signal are
0°, 60°, and 120° (with Strategy 2 and Strategy 4), the high-
frequency harmonic current can be reduced. With Strategy 2
and Strategy 4, there are still high-order harmonics, which
correspond to the shaded areas in Fig. 2. It shows that the RMS
current of the DC-link capacitor with Strategy 2, Strategy 3,
and Strategy 4 are 66.7%, 58.5%, and 31.3% of that with
Strategy 1. The error of the experimental results with the
benchmark in Fig. 5 is within 6%, indicating that the proposed
analytical model is accurate. Meanwhile, the power loss of the
DC-link capacitor with Strategy 4 is only 6.5% of that with
Strategy 1.

To characterize the effect of nonlinear loads on the motor,
the R-L nonlinear load (the inductor in series with the resistor)
is set in the experimental prototype to emulate the AC motor
non-linearity, as shown in Fig. 8. Due to the non-linear loads,
its DC-link current harmonics increase, the ripple current of
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Fig. 7. Steady-state experimental current waveforms and DC-link capacitor ripple current spectrum with identical parameters in multiple drives. (Three drives
are in parallel with an identical load of 20 ohm and identical switching frequency of 5 kHz; ig - DC-side supply current, idc - DC bus current; icap -
capacitor ripple current; the corresponding power losses are based on the capacitors used in the experiment.)

Fig. 8. Steady-state experimental current waveforms and DC-link capacitor ripple current spectrum with R-L nonlinear load in multiple drives. (Three drives
are in parallel with an identical load of 20 ohm resistor and 5.6 mH inductor, and identical switching frequency of 5 kHz; ig - DC-side supply current, idc -
DC bus current; icap - capacitor ripple current; the corresponding power losses are based on the capacitors used in the experiment.)

the DC-link capacitor increases from 12.3A (experimental
results for linear load in Fig. 7 of this paper) to 13.1 A in
Strategy 1. In Fig. 8(a) and Fig. 8(b), comparing the results of
the modulation strategy without phase shift and the modulation
strategy with the proposed optimized phase shift, it can be
found that considering the R-L nonlinear loads in operation,
the modulation with the proposed optimized phase shift can
also effectively reduce the ripple current of DC-link capacitor.
In this case, the RMS current and power loss of the DC-link
capacitor with the proposed optimized phase shift are 32%
and 6.7% of that without phase shift, respectively. The results

imply that the ripple current of the DC-link capacitor can be
also optimized in multiple drives with R-L load.

C. Case 2: Multiple drives with identical switching frequency
and different loads

Fig. 9 shows the waveforms of the DC-side supply current
ig , the DC bus current idc, and the capacitor ripple current icap
with different loads in multiple drives for all four strategies.
The idc and icap vary according to different phase shift
strategies. With Strategy 2, the phase shifts of the carrier signal
are 0°, 60°, and 120°. With Strategy 3, the phase shifts of the
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Fig. 9. Steady-state experimental current waveforms and DC-link capacitor ripple current spectrum with different loads in multiple drives. (Three drives are
in parallel with different loads of 20 ohm, 25 ohm, and 33 ohm, and an identical switching frequency of 5 kHz; ig - DC-side supply current, idc - DC bus
current; icap - capacitor ripple current; the corresponding power losses are based on the capacitors used in the experiment.)

Fig. 10. Steady-state experimental current waveforms and DC-link capacitor ripple current spectrum with different switching frequencies in multiple drives.
(Three drives are in parallel with an identical load of 20 ohm, and different switching frequencies of 5 kHz, 7.5 kHz, and 10 kHz; ig - DC-side supply
current, idc - DC bus current; icap - capacitor ripple current; the corresponding power losses are based on the capacitors used in the experiment.)
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Fig. 11. Steady-state experimental current waveforms and DC-link capacitor ripple current spectrum with both different loads and switching frequencies in
multiple drives. (Three drives are in parallel with an identical load of 20 ohm, 25 ohm, and 33 ohm, and different switching frequencies of 5 kHz, 7.5 kHz,
and 10 kHz; ig - DC-side supply current, idc - DC bus current; icap - capacitor ripple current; the corresponding power losses are based on the capacitors
used in the experiment.)

Fig. 12. Experimental current waveforms and DC-link capacitor ripple current spectrum with dynamic output current frequency. (Output current frequency
change from 0 Hz to 90 Hz in operation; ig - DC-side supply current, idc - DC bus current; icap - capacitor ripple current; the corresponding power losses
are based on the capacitors used in the experiment.)

modulation signal are 0°, 60°, and 120°. With Strategy 4, the
optimal phase shifts (0°, 72°, 117° in the modulation signal
and 0°, 61°, and 109° in the carrier signal) are obtained from
the proposed modulation scheme in Fig. 3 and results in Table.
II. The FFT analysis verifies the results that when the phase
shifts of the modulation signal are 0°, 72°, and 117° with
different loads of 20 Ω, 25 Ω, and 33 Ω in three drives (in
strategy. 4), the low-frequency harmonics can be eliminated.
When the phase shifts of the carrier signal are 0°, 61°, and
109° (in Strategy 4), the high-frequency harmonic current
can be reduced. Through the calculation, the RMS current
of the DC-link capacitor with Strategy 2, Strategy 3, and
Strategy 4 are 63.9%, 56.5%, and 30.6% of that with Strategy
1. Meanwhile, the power loss of the DC-link capacitor with
Strategy 4 is only 6.7% of that with Strategy 1. It indicates
that the proposed optimal modulation method is reasonable in

multiple drives with different loads.

D. Case 3: Multiple drives with identical load and different
switching frequency

Fig. 10 shows the waveforms of the DC-side supply current
ig , the DC bus current idc, and the capacitor ripple current
icap with different switching frequencies in multiple drives
for all four strategies. idc and icap vary according to different
phase shift strategies. With Strategy 2, the phase shifts of the
carrier signal are 0°, 60°, and 120°. With Strategy 3, the phase
shifts of the modulation signal are 0°, 60°, and 120°. With
Strategy 4, the optimal phase shifts (0°, 60°, and 120° in the
modulation signal and 0°, 84°, and 105° in the carrier signal)
are obtained from the proposed modulation scheme in Fig.
3 and the results in Table. II. The FFT analysis verifies the
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Fig. 13. Experimental capacitor ripple current waveforms and FFT analysis
results with load steps and continuous changes. (ig - DC-side supply current,
idc - DC bus current; icap - capacitor ripple current; In Strategy 4 -
modulation with proposed optimal phase shifts.)

results that when the phase shifts of the modulation signal are
0°, 60°, and 120° with different switching frequencies in three
drives (with Strategy 3 and Strategy 4), the low-frequency
harmonics can be eliminated, which is consistent with Case
1. When the phase shifts of the carrier signal are 0°, 84°, and
105° (with Strategy 4), the high-frequency harmonic current
can be reduced. Through the calculation, the RMS current
of the DC-link capacitor with Strategy 2, Strategy 3, and
Strategy 4 are 98.2%, 63.7%, and 57.5% of that with Strategy
1. Meanwhile, the power loss of the DC-link capacitor with
Strategy 4 is 27.9% of that with Strategy 1. It indicates that
the proposed optimal modulation method is still effective in
multiple drives with different switching frequencies.

E. Case 4: Multiple drives with different loads and switching
frequency

Fig. 11 shows the current waveforms and DC-link capacitor
ripple current spectrum with both different loads and switching
frequencies in multiple drives. In this case, three drives are
in parallel with different loads of 20 ohm, 25 ohm, and
33 ohm, and different switching frequencies of 5 kHz, 7.5
kHz, and 10 kHz. In Fig. 11(a), the phase shifts of the

Fig. 14. Experimental output current waveforms and FFT analysis results
with load steps and continuous changes. (iout−1, iout−2, and iout−3

respectively represent the output current of those three drives.)

modulation signal and carrier signal are all 0°. In Fig. 11(b),
according to the modulation strategy of Case 2 in Fig. 3,
since the different switching frequencies do not affect the
low-frequency harmonics, the optimal modulation phase shift
can be obtained as (0°, 72°, 117°) based on the different
loads in three drives. Meanwhile, additionally according to
the modulation strategy of Case 3 in Fig. 3, considering the
different switching frequency, the optimal carrier phase shift
can be obtained as (0°, 74°, 107°). Through the calculation,
the RMS current and power loss of the DC-link capacitor with
the optimal phase shift are 57.7% and 29.6% of that without
phase shift, respectively. It indicates that the proposed optimal
modulation method is reasonable in multiple drives with both
different loads and different switching frequency.

F. Case 5: Dynamic output frequency of drives

The R-L load is used to emulate the nonlinearity of the
AC motor in this case. In this arrangement, the motor speed
dynamic represents with output frequency of the drives. The
experimental waveforms with dynamic output frequency are
given to simulate the change in motor speed. Fig. 12 shows
the results with the output frequency change from 0 Hz to
90 Hz in operation. The results show that the modulation
strategy proposed in this paper can still reduce the ripple
current of the DC-link capacitor when the output frequency
of the drives varies dynamically. According to Fig. 12(a) and
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Fig. 15. Experimental current waveforms with switching from three drives
to two drives. (ig - DC-side supply current, idc - DC bus current; icap -
capacitor ripple current; In Strategy 4 - modulation with proposed optimal
phase shifts.)

Fig. 12(b), comparing the modulation strategy without phase
shift and the modulation strategy with the proposed optimized
phase shift, it can be found that at different output frequencies,
the modulation with the proposed optimized phase shift can
effectively reduce the ripple current of the DC-link capacitor.
For example, when the output frequency is 30 Hz, the RMS
current and power loss of the DC-link capacitor with the
proposed optimized phase shift are 32.4% and 6.8% of that
without phase shift, respectively. When the output frequency
is 90 Hz, the RMS current and power loss of the DC-link
capacitor with the proposed optimized phase shift are 32.5%
and 7.0% of that without phase shift, respectively. The results
imply that the optimized performance can be also maintained
with dynamic output frequency in operation.

G. Case 6: Dynamic change of the load and number of drives

Fig. 13 shows the results of the source output current, the
drive input current, and the DC-link capacitor ripple current
with the load step and continuous changing of drives in
operation. Four sets of load changes are given in three drives.
The optimized modulation and carrier phase shifts are given
in the table of Fig. 13 based on the load changes. The (a)
represents the dynamic stage of Range 1, (b) represents the
stable stage of Range 1, (c) represents the dynamic stage
of Range 2, (d) represents the stable stage of Range 2, (e)
represents the dynamic stage of Range 3, and (f) represents
the stable stage of Range 3. Comparing the stable and dynamic
stages of each range shows that continuous modifications to
the modulation and carrier phase shift produce spectral effects.
During dynamic changes, high-frequency components of the
harmonics are higher than in the steady state. However, the
dynamic stage only lasts for 1 to 2 fundamental periods before
operating in the low-harmonic stable state.

In addition, the dynamic variation of the drive output current
based on various operating conditions and phase shift changes
is presented in Fig. 14. The four sets of load variations and
optimized modulation and carrier phase shifts are consistent
with Fig. 13. Similarly, the AC output current of the drives
(using output current of drive 1 as an example) collected is
subjected to FFT analysis, and the frequency spectrum analysis

Fig. 16. Comparison of experimental results of the DC-link capacitor RMS
current and power loss with different cases and different modulation strategies
in the three drives.

results and THD values are given. The (a)-(f) represent the
dynamic and stable state of range 1, the dynamic and stable
state of range 2, and the dynamic and stable state of range
3, respectively. Comparing the stable and dynamic stages of
each range, it can be observed that the continuous modification
of the modulation wave and carrier wave forms can also have
spectral effects on the output current. During dynamic changes,
the THD value is higher than the steady-state stage.

Fig. 15 shows the results under a dynamic change in the
number of drives in operation. Before the change, Mode 1 is
three drives with optimal phase shifts. Mode 2 is when the 3rd

drive is turned off, and the phase shifts of the 1st and the 2nd

drives are updated to the optimal ones. In Mode 2, the DC-side
supply current ig reduces from 6.6 A to 4.4 A since the load
of each drive in operation remains the same. In Mode 2, the
controller only needs 2 to 3 fundamental cycles (within 100
ms) to update to the optimal phase shift. The results imply that
the performance can be maintained by updating the optimal
phase shifts according to the number of drives in operation.

H. Comparison of experimental results with different cases
and different modulation strategies

Fig. 16 compares the capacitor ripple current and power
loss under the four different modulation strategies and three
cases for three drives system. When identical parameters
or different loads are applied in multi-drive systems, the
proposed modulation scheme can greatly reduce the RMS
current and power loss of the DC-link capacitor. The results
are consistent with the benchmark in Fig. 5. When different
switching frequencies are applied in multi-drive systems, using
the proposed modulation scheme also reduces the RMS current
and power loss of the DC-link capacitors. Relatively, low-
frequency ripple current components have a higher impact
on the capacitor loss compared to high-frequency ones due
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to frequency-dependent ESR values. In Strategy 4, the low-
frequency ripple currents are reduced almost to zero. There-
fore, from the capacitor power loss perspective, the percentage
of reduction is even more significant compared to that of
ripple current RMS value. In addition, different switching
frequencies generate higher current harmonic distributions on
the DC side than the identical switching frequency, such as
the harmonic currents at 15 kHz and 45 kHz shown in Fig.
11. Therefore, the larger RMS currents and power losses of
DC-link capacitors are introduced with different switching
frequencies in multiple drives system.

V. CONCLUSIONS

This paper proposes an optimal modulation method for
minimizing the ripple current of DC-link capacitors in multi-
drive systems. Based on the derived analytical model and
the calculated scheme, the method can concurrently reduce
the low- and high-frequency harmonics of DC-link capacitors
and is applicable for systems with different loads, power
factors, modulation ratios, and switching frequency in multi-
drive systems. In the case studies given in Fig. 5, the RMS
current of the DC-link capacitors is reduced to 34.3% to 15.9%
for systems with 2 to 20 drives, respectively, compared to
that without the phase shift scheme. The RMS current and
power loss of the DC-link capacitor are reduced to 31.7%
and 6.5% with the identical parameters, 30.6% and 6.7%
with the different loads, 57.5% and 27.9% with the different
switching frequencies, respectively, for an experimental system
with three multi-drive based on the proposed method. The
performance is also verified under a dynamic change of the
load, switching frequency, output frequency, and number of
multi-drive in operation by updating the phase shifts.
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